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Abstract. Command shaping is an important open-loop control method for improving the settling 
time and positioning accuracy. This technique also minimizes residual vibrations. Shaped 
command profiles are formed by convolving a sequence of impulses or solving special functions 
for the desired command signal. To determine the input shaper controller commands, estimated 
values of the system natural frequency and damping ratio are required to make the necessary 
calculations. However, real systems cannot be modelled precisely, while robustness of the shaper 
to modelling errors is an important design consideration. Many robust input shapers have been 
developed and reported in the literature. It has been observed that the robust shapers typically have 
longer travelling time durations that lead to slow system response. This makes a relationship 
between shaper rising/travelling time and robustness. This paper presents a review of command 
shaping methods and analyses the compromise between duration of motion and shaper robustness 
for positive and smoothly shaped reference commands. 
Keywords: command shaping, input shaping, oscillation, residual vibration, flexible-joint 
manipulator. 

1. Introduction 

There are two main control strategies for flexible mechanical systems. These can be classified 
as feed-forward (open-loop) and feedback (closed-loop) control schemes. The feedback control 
strategies use measurements and estimations of the system states to eliminate vibrations. Mostly, 
feedback control systems can be expensive and difficult to implement, as they require the system 
to be equipped with sensors. Furthermore, they can require significant computing power and raise 
the possibility of unstable system behaviour [1]. Feed-forward techniques for vibration 
suppression involve developing the control input through consideration of the physical and 
vibrational properties of the system so that system vibrations at response modes are reduced. This 
method does not require any additional sensors or actuators and does not account for changes in 
the system once the input is developed [2]. 

Vibration control of flexible systems is of great importance who working on control area and 
there is a large amount of literature relating to. Among these methods, command pre-shaping or 
input shaping methods take an important place in the literature and have attracted the attention of 
many researchers [3-9]. One of the feed-forward control method suggested in the literature change 
the shape of the command signal to reduce system oscillations. The first application of command 
pre-shaping was used as posicast control by Smith [10]. This technique involves breaking a step 
input into two smaller steps, one of which is delayed in time. Superposition of the step responses 
results in the cancellation of vibration. It also allows the reduction in the settling time. However, 
this method is not generally favored due to problems related to robustness in natural frequency 
and damping ratio uncertainties. In order to solve this problem, Singer and Seering [11] proposed 
a causal shaping technique for robot vibration suppression. Their work significantly extended the 
application range of input shaping method, in which the robustness was taken into account. In the 
following years, they had performed many experimental and simulation studies to design input 
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shaper [12, 13]. In their more recent works [13] proposed an approach to improve the robustness 
of input shaping, in which the derivative of residual vibration amplitude ratio with respect to the 
frequency was set to zero, i.e. a three-pulse Zero Vibration and Derivative (ZVD) shaper was 
obtained. The ZVD shaper was much more robust; however, the cost of the shaping time delay 
was also extended. The time delay of the Zero Vibration (ZV) shaper is half the period of the 
system vibration, while the ZVD shaper extends to one complete vibration period, which means 
one more vibration period will be added during the system rise time if this shaper is employed. 

It is obviously very difficult to suppress the residual vibration amplitude to absolute zero. In 
fact, such a strict requirement is seldom implemented in actual applications. If the condition of 
residual vibration amplitude tolerance is relaxed to non-zero, the robustness of the system can be 
increased notably. Based on this idea, Singhose et al. [14] proposed Extra-Insensitive (EI) input 
shaping approach. The EI shaper’s robustness has been significantly improved compared with 
ZVD shaper, although they have the same time delay. Furthermore, input shaper will present more 
remarkable vibration suppression performance assuming that model error margins are defined 
suitably for the specific application. Based on that, Singhose et al. [15] proposed Specified 
Insensitive (SI) input shaping approach. Since robustness limitation is an important consideration 
in SI method, the input shaper can be effectively designed according to the system robustness 
performance. Further details on comparison of methods for residual vibration elimination 
performance, such as ZV, ZVD, ZVDD and EI, are provided by Vaughan et al. [1], Singhose et al. 
[16] and Singhose [17]. 

Aspinwall has improved a new approach to command shaping in his study [18]. This method 
includes shaping rectangular or ‘bang-bang’ forcing function by a short, finite Fourier series to 
reduce residual response of a system. Meckl and Seering [19] suggested construction of input 
signal from either ramped sinusoids or versine functions. If all harmonics of one of these template 
functions are added, a time optimal rectangular input function is obtained in a similar manner to 
the former method. However, in this method, the motion is completed in a shortened period of 
time owing to the shaped signal approach of the rectangular function. A more recent technique is 
based on shaping the input signal by inverse dynamic analysis as reported by Piazzi and Visioli 
[20], who proposed a polynomial function as a desired output to produce the input signal and 
compared it with the bang-bang and other impulse shaping input methods. However, the suggested 
input function must be changed to another function at the end point to control the motion. This 
causes a sudden step change in acceleration at this point. In faster motion cases, this effect causes 
excitations and results in vibrations. On the other hand, Sahinkaya [21, 22] suggests third order 
exponential function for the output motion to shape the input signal using inverse dynamics. But 
inverse dynamic analysis can be a very tedious task. Besides, it requires relatively more 
computation time. Alıcı et al. [23] have proposed a ramp superimposed onto a cycloid for input 
shaping in order to compare to the aforementioned input shaping method. Kapucu et al. [24] on 
the other hand, suggested a hybrid input shaping method that includes convolution of a cycloid 
plus ramp function with two impulse sequences. Yavuz et al. [25] proposed a hybrid input shaping 
method to eliminate residual vibration of multi-mode system by convolving the pre-shaped input 
of cycloid-plus-ramped versine-ramp function with the sequence of all modes generated by two-
impulse sequences. Conker et al. [26] suggested an enhanced control technique for hybrid input 
shaping method to elimination of residual vibrations in flexible-joint manipulator. 

Command shaping is a feed-forward control technique for improving the settling time and 
positioning accuracy, while minimizing residual vibrations. Many robust input shapers have been 
developed, but robust shapers typically have longer durations that slow the system response. This 
creates a compromise between shaper robustness and rise time. This paper presents a review of 
command pre-shaping methods and analyses the compromise between rapidity of motion and 
shaper robustness for positive input shapers and smoothly shaped reference commands. 

The outline of the paper is as follows: The detail of the experimental setup is presented in the 
second section, which is followed by a section in which detail of the system model is provided. In 
Section 4, the details on overview of different types of positive input shapers and smoothly shaped 
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reference commands are provided. In Section 5, comparison of robustness and rise time for 
different command shapers are presented. Finally, the concluding remarks are given in Section 6. 

2. Experimental setup 

It’s used experimental setup for performance analysis. The techniques benchmarked on 
experimental setup. The system is shown in Fig. 1. The experimental setup consists of a pendulum 
bonded to cart that fixed on the horizontal position of the flexible-joint manipulator. All 
components, system specifications and details are presented by Quanser [27]. 

 
a) 

 
b) 

Fig. 1. a) Electromechanical model of Flexible-Joint manipulator, b) its schematic illustration 

3. Modelling of the system 

To obtain mathematical model used Lagrange’s method. Cart moves in the horizontal plane 
and the pendulum in a vertical plane. Then, the equations of motion of the flexible system are [27]: ൫ܬ௘௤ + ሷ௖ݔ௣൯ܯ + ሷߙ(ߙ)௣݈௣cosܯ + ሶ௖ݔ௘௤ܤ − ሶߙ(ߙ)௣݈௣sinܯ ଶ = ,௖ܨ ሷ௖ݔ(ߙ)௣݈௣cosܯ(1) + ൫ܬ௣ + ሷߙ௣݈௣ଶ൯ܯ + ሶߙ௣ܤ + (ߙ)௣݈௣݃sinܯ = 0, (2)

where; ܯ௣ is the mass of the pendulum, ܬ௘௤ equivalent inertia of the cart system, ܬ௣ pendulum 
moment of inertia, ݈௣ pendulum length from pivot to centre of gravity, ܤ௘௤  equivalent viscous 
damping coefficient, ܤ௣  viscous damping coefficient, as seen at the pendulum axis, ݃ 
gravitational constant of earth, ܨ௖ linear force applied to the cart is generated by the servo motor, ݔ௖ sliding member (cart) position and ߙ pendulum swing angle. 

4. Shaped reference command 

Input shaping is a command generation technique that reduces vibration by suitably shaping 
the reference signal such that the vibratory modes of the system are cancelled. Shaped command 
profiles are generated by two ways. First is convolving a sequence of impulses, other is solving 
special functions for the desired command signal. New command profiles are formed by using 
system natural frequency and damping ratio. 

This process is shown in Fig. 2. Note that the rise time of the command is lengthened by the 
duration of the shaper. In general, the rise time of the input-shaped system will closely track the 
command rise time, so minimizing the shaper duration is important for achieving high-speed 
motion [1]. 

The percentage vibration can be determined by using the expression for residual vibration of 
a second order harmonic oscillator of frequency ߱ rad/s and damping ratio ߞ, which is given in 
Bolz and Tuve [29]. The vibration from a series of impulses is divided by the vibration from a 
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single impulse with unity magnitude to get the vibration percentage as follows:  

(ܸఠ೙,఍) 
     = ݁ି఍ఠ೙௧೙ඩ൭෍ ௜݁఍ఠ೙௧೔cosܣ ቀ߱௡ඥ1 − ௜ቁ௡ݐଶߞ

௜ୀଵ ൱ଶ + ൭෍ ௜݁఍ఠ೙௧೔sinܣ ቀ߱௡ඥ1 − ௜ቁ௡ݐଶߞ
௜ୀଵ ൱ଶ, (3)

where ܣ௜ and ݐ௜ are the amplitudes and time locations of the impulses, ݊ is the number of impulses 
in the input shaper, and ݐ௡ is the time of the last impulse. 

 
Fig. 2. Input shaping process (Singh [28]) 

4.1. Zero vibration (ZV) input shaper 

Basic input shaper in literature is Zero Vibration (ZV) input shaper. Constraints for shaper are 
zero vibration and minimal time at the modelling frequency. If Eq. (3) is set equal to zero and it 
is used to design an input shaper, then the resulting shaper is called a Zero Vibration shaper. 
Durations and amplitudes of the ZV shapers are [1, 13]: 

ܼܸ = ൤ܣ௝ݐ௝ ൨ = ൥ 11 + ܭ 1ܭ + 0ܭ 0.5 ௗܶ ൩, (4)

where ܭ = ݁ି఍గ ඥଵି఍మ⁄  and ௗܶ = ߨ2 ߱ඥ(1 − ⁄(ଶߞ .  
In operation, ZV shapers can be very sensitive according to modelling errors. To examine this 

possibility, the amplitude of residual vibration can be plotted as a function of the modelling errors. 
Sensitivity curve for the ZV shaper is seen in Fig. 3. Notice that the vibration amplitude increases 
rapidly as the actual frequency deviates from the modelling frequency [1, 16]. 

4.2. Derivative methods (ZVD, ZVDD, ZVDDD input shapers) 

The earliest form of robust input shaping was achieved by setting the derivative, with respect 
to the frequency, of the residual vibration Eq. (3) equal to zero. The resulting shaper is called a 
Zero Vibration and Derivative (ZVD) shaper. The times and magnitudes for this shaper are  
[1, 13]: 

ܦܸܼ = ൤ܣ௝ݐ௝ ൨ = ቎ 11 + ܭ2 + ଶܭ 1ܭ2 + ܭ2 + ଶܭ ଶ1ܭ + ܭ2 + ଶ0ܭ 0.5 ௗܶ ௗܶ ቏. (5)



2097. A REVIEW OF COMMAND SHAPING TECHNIQUES FOR ELIMINATION OF RESIDUAL VIBRATIONS IN FLEXIBLE-JOINT MANIPULATORS.  
CAGLAR CONKER, HAKAN YAVUZ, HASAN HUSEYIN BILGIC 

 © JVE INTERNATIONAL LTD. JOURNAL OF VIBROENGINEERING. AUG 2016, VOL. 18, ISSUE 5. ISSN 1392-8716 2951 

It is clearly seen in Fig. 3 that the ZVD shaper is much more insensitive to modelling errors 
than the ZV shaper. However, the ZVD shaper is of time duration equal to one period of the 
vibration frequency, as opposed to the one-half period length of the ZV shaper. This trade-off is 
typical of the input shaper design process, increasing insensitivity usually requires increasing the 
length of travelling time of the input shaper [16]. 

An input shaper with even more insensitivity than the ZVD can be obtained by setting the 
second derivative of Eq. (3) with respect to equal to zero. This shaper is called the ZVDD shaper. 
The algorithm can be extended indefinitely with repeated differentiation of the percentage 
vibration equation. For each differentiation, an additional impulse is added to the shaper and the 
shaper is lengthened by one-half period of the frequency [16]. 

The times and magnitudes for ZVDD and ZVDDD shapers are [1]: 

ܦܦܸܼ = ൤ܣ௝ݐ௝ ൨ = ቎1ܤ ܤܭ3 ܤଶܭ3 0ܤଷܭ 0.5 ௗܶ ௗܶ 1.5 ௗܶ቏, (6)

where ܤ = 1 + ܭ3 + ଶܭ3 +  .ଷܭ

ܦܦܦܸܼ = ൤ܣ௝ݐ௝ ൨ = ቎1ܥ ܥܭ4 ܥଶܭ6 ܥଷܭ4 0ܥସܭ 0.5 ௗܶ ௗܶ 1.5 ௗܶ 2 ௗܶ቏, (7)

where ܥ = 1 + ܭ4 + ଶܭ6 + ଷܭ4 +  .ସܭ
ZVDD and ZVDDD sensitivity curves are shown in Fig. 3. 

4.3. Extra intensive (EI) input shapers 

Unlike the ZV, ZVD and ZVDD shapers, the Extra Insensitive (EI) shaper does not attempt to 
force the vibration to zero at the modelling frequency. Rather, the vibration is limited to some low, 
but acceptable level of residual vibration. The sensitivity curve for an EI shaper designed to limit 
vibration below 5 % is shown in Fig. 3. 

The magnitudes and times for EI input shaper are [14]: 

ܫܧ = ൤ܣ௝ݐ௝ ൨ = ൥1 + ௧ܸ௢௟4 1 − ௧ܸ௢௟4 1 + ௧ܸ௢௟40 0.5 ௗܶ ௗܶ ൩, (8)

where ௧ܸ௢௟ is the tolerable level of vibration. For a system is of viscous damping, the EI shaper is 
described by Vaughan et al. [1] and Singhose et al. [14]: ܫܧ = ൤ܣ௝ݐ௝ ൨ = ൤ܣଵ 1 − ଵܣ) + (ଷܣ ଷ0ܣ ଶݐ ௗܶ ൨, (9)

where: ܣଵ = 0.24968 + 0.24961 ௧ܸ௢௟ + ߞ0.80008 + 1.23328 ௧ܸ௢௟ߞ + ଶߞ0.49599 + 3.17316 ௧ܸ௢௟ߞଶ, ܣଷ = 0.25149 + 0.21474 ௧ܸ௢௟ − ߞ0.83249 + 1.41498 ௧ܸ௢௟ߞ + ଶߞ0.85181 − 4.90094 ௧ܸ௢௟ߞଶ, ݐଶ = ߱ඥ1 − ߨଶ2ߞ (0.4999 + 0.46159 ௧ܸ௢௟ߞ + 4.26169 ௧ܸ௢௟ߞଶ + 1.75601 ௧ܸ௢௟ߞଷ      +8.57843 ௧ܸ௢௟ଶߞ − 108.644 ௧ܸ௢௟ଶߞଶ + 336.989 ௧ܸ௢௟ଶߞଷ൯,
The length of the EI shaper is the same as that of the ZVD shaper, one damped cycle of 
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vibration, but it is considerably more robust. Thus, the application of EI shapers is for systems 
where some small vibration is allowable, and the systems parameters are expected to change 
considerably. 

4.4. Two hump extra intensive input shapers 

Shapers that extend extra insensitive shaper idea have a progressively larger number of humps 
and are called multi-hump EI shapers. For undamped systems, the two-hump EI is described by 
Singhose et al. [14]. 

Unlike the ZV, ZVD and ZVDD shapers, the Extra Insensitive (EI) shaper does not attempt to 
force the vibration: 

݋ݓܶ − ܫܧ݌݉ݑܪ = ൤ܣ௝ݐ௝ ൨ = ൥ܣଵଶு 12 − ଵܣ ଶܣ ଵ0ܣ 0.5 ௗܶ ௗܶ 1.5 ௗܶ൩, (10)

where: 

ଵܣ ≡ ଵଶுܣ = 3ܺଶ + 2ܺ + 3 ௧ܸ௢௟ଶ16ܺ , ܺ = ඨ ௧ܸ௢௟ଶ ቆට1 − ௧ܸ௢௟ଶቇ + 1య . (11)

The sensitivity curves for two-hump EI are shown in Fig. 3. Note that the two-hump EI shaper 
suppresses vibration over the entire range shown. As with the derivative-method shapers, the price 
for increased robustness is a corresponding increase in shaper duration. Note, however, that the 
penalty is not uniform across all shapers. The two-hump EI has the same duration as the ZVDD 
shapers. However, the two-hump EI shapers have much more robustness, as can be seen in Fig. 3. 

4.5. Modified input shaping (MIS) techniques  

Another important method worth mentioning is called Modified Input Shaping (MIS) 
technique that requires the use of a certain minimum number of impulses. This technique forms 
modified input-shaping zero vibration (MISZV) shapers that have zero vibration at the modelled 
frequency, but have a larger number of impulses and longer shaper duration than the ZV shaper. 
An ܰ-impulse MISZV shaper is described by Shan et al. [2]: 

ܰ − ܸܼܵܫܯ ݁ݏ݈ݑ݌݉݅ = ൤ܣ௝ݐ௝ ൨ = ێێۏ
ۍ 11 + ܯ ௠1ܭ + ܯ . . . ௠௜ିଵ1ܭ + ܯ ௠ேିଵ1ܭ + 0ܯ ௗܰܶ . . . (݅ − 1) ௗܶܰ (ܰ − 1) ௗܶܰ ۑۑے

,ې (12)

where: 

௠ܭ = ݁ିଶ఍గ ேඥଵି఍మ⁄ ܯ    , = .+௠ܭ . . ௠௜ିଵܭ+ + ,௠ேିଵܭ    ௗܶ = ඥ1߱ߨ2 − .ଶߞ
The sensitivity plots for two to five-impulse MISZV shapers are shown in Fig. 4. One can see 

that the additional impulses only provide a minimal increase in shaper insensitivity. 
By definition Zero-derivative MIS (MISZVD) shapers are formed by convolving two MISZV 

shapers designed for the same frequency. The resulting MISZVD shaper is indicated by the 
number of impulses of each of the MISZV shapers used to create it. An ܰ×ܯ – impulse MISZVD 
is formed by convolving an MISZV shaper containing ܰ impulses with an MISZV shaper with ܯ 
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impulses [1, 2]. Though convolving of MISZV shapers of higher number of impulses results in 
more robust MISZVD shapers, at the cost of increased shaper duration. It should be noted that a 
2×2-impulse MISZVD shaper is the traditional ZVD shaper. The sensitivity plots for 2×2 and 
2×3-impulse MISZVD shapers are shown in Fig. 4. 

4.6. Cycloid plus ramped versine plus ramp (CPRVPR) reference function 

Cycloid plus ramped versine plus ramp (CPRVPR) function is made up of three functions. The 
total distance to be covered from the beginning to end of a move within a specified time is the 
sum of the distances to be travelled by each of the three functions within the same travel time. By 
adjusting excursion distance of each function, vibration can be eliminated provided that the 
specified move time and the total distance are unchanged. Each component of the reference input 
creates oscillations such that these oscillations cancel each other out resulting in reduction or 
elimination of residual vibration. 

A motion profile of a CPRVPR function is expressed as [24]: ܻ = ߨ2ݐଵܴܮ + ߨଶ2ܮ ሾܴݐ − sin(ܴݐ)ሿ + ߨ2ݐଷܴܮ + ߨଷ2ܮ ሾ1 − cos(ܴݐ)ሿ, (13)

where ܮଵ is the maximum excursion distance to be travelled by ramp motion profile, ܮଶ is the 
maximum excursion distance to be travelled by cycloid motion profile, ܮଷ  is the maximum 
excursion distance to be travelled by ramped versine motion profile, ݐ is time into motion, ߬ is the 
travelling time, and ܴ = ߨ2 ߬⁄ . Furthermore, total distance can be written as ܮ = ଵܮ + ଶܮ +  ,ଷܮ
then arranging the equation above becomes: ܻ(ݐ) = ߨ2ݐܴܮ − ߨଶ2ܮ sin(ܴݐ) + ߨଷ2ܮ (1 − cos(ܴݐ)). (14)

The corresponding velocity profile is: ሶܻ (ݐ) = ߨ2ܴܮ − ߨଶܴ2ܮ cos(ܴݐ) − ߨଷܴ2ܮ sin(ܴݐ). (15)

The excursion distance values (ܮଵ, ܮଶ and ܮଷ) for zero residual vibration with zero initial 
conditions [24]: 

ଵܮ = ܴ)ܴܮ − ௡)߱௡ଶ߱ߞ2 = ௡(߬௡߬ܮ − ଶ߬(߬ߞ2 ଶܮ, = ܮ ቆ1 − ܴଶ߱௡ଶቇ = ܮ ቆ1 − ߬௡ଶ߬ଶ ቇ, ଷܮ = ௡ܴ߱ߞܮ2 = ௡߬߬ߞܮ2 , (16)

where ߬௡  is the natural period and ߱௡  is the natural frequency. Variations of ܮଵ ଶܮ ,  and ܮଷ  is 
possible with traveling time ߬ to result in an oscillation free displacement of the system. 

Cycloid plus ramped versine plus ramp function sensitivity curves are shown in Fig. 5. 
Theoretically, there is no travelling time restriction on the system and this is the main advantages 
of this reference command [24].  

4.7. Hybrid input shaper 

In this method, a pre-shaped command is produced by combining the different template 
functions to allow the resulting trajectory and the travelling time being adjustable. Then this 
pre-shaped input is convolved with sequence of impulses. This sequence of impulses is obtained 
using the input shaping described in Section 4.1. to increase the robustness of the signal. The 
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method suggested by Yavuz et al. [25] is named as hybrid input shaping. For a specified travelling 
time and displacement, hybrid-shaping technique is implemented as follows; 

• Travelling time for the template function is calculated from ߬ଵ = ߬௧ − ߬ௗ௘௟௔௬  in order to 
satisfy the total travelling time ߬௧. Here, total travelling time, ߬௧, should be greater than delay time, ߬ௗ௘௟௔௬. 

• The distances ܮଵ, ܮଶ and ܮଷ for the template functions are calculated from Eq. (16), 
• The resulting trajectory is convolved with the two impulse sequence defined by Eq. (4).  
The sensitivity curves for hybrid input shaping method are shown in Fig. 5. It can be seen from 

Fig. 5 that the vibration is considerably eliminated by convolving the pre-shaped input of cycloid 
plus ramped versine ramp function with the sequence of all modes generated by two impulse 
sequences.  

4.8. Modified cycloid plus ramped versine plus ramp (M-CPRVPR) reference function  

The modified CPRVPR reference function utilises the cycloid plus ramped versine plus ramp 
reference function presented in Section 4.6. Eqs. (13)-(16) are used to obtain the command input 
required for the system. In contrast, it’s divided the travelling time into two sections and calculated 
the command input as two separate inputs and then joins them to form the new input with this 
method.  

The calculations for the method are as follows where the input is divided into two sections and 
each one is calculated independently to form the first and the second part of the input signal. A 
motion profile of a modified CPRVPR function is described by Conker et al. [26]: 

ܻ = ൞ܮଵ௔ܴ௔ߨ2ݐ + ߨଶ௔2ܮ (ܴ௔ݐ − sin(ܴ௔ݐ)) + ߨ2ݐଷ௔ܴ௔ܮ + ߨଷ௔2ܮ (1 − cos(ܴ௔ݐ)), 0 ≤ ݐ ≤ ߨ2ݐଵ௕ܴ௕ܮ2߬ + ߨଶ௕2ܮ (ܴ௕ݐ − sin(ܴ௕ݐ)) + ߨ2ݐଷ௕ܴ௕ܮ + ߨଷ௕2ܮ (1 − cos(ܴ௕ݐ)), 2߬ ≤ ݐ ≤ ߬, (17)

where: 

(್,ೌ)ଵܮ = ௔,௕൫ܴ௔,௕ܴܮ − ௡൯߱௡ଶ߱ߞ2 , (್,ೌ)ଶܮ = ൫1ܮ − ܴ௔,௕൯߱௡ଶ , (್,ೌ)ଷܮ = ௔,௕߱௡ܴߞܮ2 . (18)

As defined in Eq. (17), this method allows a virtual division of the motion of the system into 
two steps. Because the first step is completed with almost steady motion and with relatively 
reduced vibration levels, the second part of the motions starts with the advantage of very little or 
almost no residual vibrations. As a result of the second part of the motion yields better 
performance to the CPRVPR method [26]. 

5. Comparison of shaped reference commands 

In the previous sections some selected positive and smoothly shaped reference command 
methods are presented. Further details on the presented methods are available by referring to the 
relevant references. The successful implementation of the presented input shaping methods 
requires accurate estimation or determination of the damping ratio and natural frequency of the 
system in concern. However, the mathematical models of any system, especially flexible systems, 
cannot be modelled properly. The variations of the system parameters or noisy environments 
would affect the shaped input signal. These changes would also affect the system response. For 
the shaping process to be effective in noisy industrial environments, the shaper must have 
robustness to external disturbances such as uncertainty regarding system parameters or external 
noise sources. The benefit of the robust techniques is that they have a wider frequency range for 
which the results are insensitive to estimation errors of natural frequency. Therefore, the 
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robustness of shaped signal to modelling uncertainty is an important performance comparison tool 
for command shaping methods. In this section, the presented methods are compared for length of 
travelling time and also their robustness for system parameter estimation errors. 

In Table 1 and Fig. 3 and 4, the performance evaluation criteria for positive input shapers are 
provided. From the details provided in Table 1, it can be concluded that; 

• The ZV shapers are quite sensitive according to modelling errors; a small error when 
calculating system frequency causes considerable residual vibrations.  

• The ZVD shapers are of significantly more robustness to modelling errors. It is evident by 
noting that the width of the ZVD curve is much larger than the width of the ZV curve.  

• The ZVD shaper is of additional insensitivity but this incurs a time penalty; the ZVD shaper 
travelling time is longer than the ZV shaper’s by one half period of the vibration. In most cases, 
this time lag is not considered to get large increase in robustness.  

• The performance of MISZV stands between ZV and ZVD. The travelling time and robustness 
properties of the MISZV method stand in between ZV and ZVD methods. Each additional impulse 
to the reference command improves the robustness performance while extending the travelling 
time. 

• The EI shaper is essentially the same length as the ZVD shaper, but it is considerably more 
robust. The two-hump EI has the same duration as the ZVDD. However, the two hump EI shapers 
have much more robustness. 

• Performances of the techniques are compared for Efficiency of insensitivity [1] for which it 
is shown that two hump extra insensitive (2HEI) seems to be the best of all. 

 
Fig. 3. ZV, ZVD, ZVDD, ZVDDD, EI, two hump EI input shapers experimental  

and simulation of sensitivity curve 

 
Fig. 4. MIS-ZV2, MIS-ZV3, MIS-ZV4, MIS-ZV5, MIS-ZVD4, MIS-ZVD6 input shapers  

experimental and simulation of sensitivity curve 

In Table 2 and Fig. 5, the performance evaluation criteria for smoothly shaped reference 
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commands are provided. From the details provided in Table 2, it can be concluded that: 
• The time delay for the input shapers increases with increasing insensitivity. This indicates 

that there is a conflict between shaper robustness and shaper time delay just as in the case of other 
input shaping methods. 

• The CPRVPR reference function is quite sensitive to modelling errors; a small errors in the 
modelling frequency leads to considerable residual vibrations. 

• Hybrid input shaper is much more insensitive to modelling errors than the CPRVPR reference 
function. However, the Hybrid input shaper has a time duration equal to one period of the vibration 
frequency, as opposed to the one-half period length of the CPRVPR reference function. 

• Performances of the techniques are compared for Efficiency of insensitivity [1] for which it 
is shown that Modified CPRVPR reference function seems to be the best of all. 

 
Fig. 5. CPRVPR, Hybrid and M-CPRVPR Input shapers experimental and simulation of sensitivity curve 

Table 1. Performance criteria for comparison of positive input shaper 

 ZV ZVD ZVDD ZVDDD EI 2HEI MISZV MISZVD 
2 3 4 5 2×2 2×3 

Duration ௗܶ (cycle) 0.5 1 1.5 2 1 1.5 0.5 0.665 0.749 0,799 1 1.16 
Robustness 5% 0.063 0.2876 0.480 0.627 0.40 0,732 0.063 0.082 0.090 0.094 0.287 0.332 
Efficiency of 
insensitivity [1] 0.126 0.287 0.32 0.3135 0.4 0.488 0.126 0.124 0.121 0.1176 0.287 0.286 

Table 2. Performance criteria for comparison of smoothly shaped reference commands 
 CPRVPR Modified CPRVPR Hybrid input shaping 

Duration ௗܶ (cycle) 0.5 0.85 1 1 
Robustness 5 % 0.0585 0.3439 0.2755 0.2754 
Efficiency of insensitivity [1] 0.117 0.4045 0.2755 0.2754 

6. Conclusions 

This paper presents a review of command pre-shaping methods and investigates the 
compromise between rapidity of motion and shaper robustness. In this study, in total of 15 
different input shaping methods are reviewed. The reviewed methods cover almost all types of 
positive shapers and smoothly shaped reference commands reported in literature. Therefore, the 
presented review study provides almost a complete picture of the topic for the researchers working 
in the area. The study is structured in a way that it provides all the necessary theoretical 
background and the implementation related details for each of the method presented. In addition, 
the presented methods are also used for comparative study of robustness and travelling time 
features. Furthermore, a comparison table is also provided in which each group of methods are 
listed for their efficiency of insensitivity according to the simulation studies performed.  

From the details of the presented study it can be concluded from experimental and simulation 
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results that: 
• The shaper must have robustness to uncertainty regarding system parameters for the shaping 

process to be effective on real systems. The benefit of the robust techniques is that they have a 
wider frequency range for which the results are insensitive to estimation errors of natural 
frequency. 

• The robust shapers typically have longer travelling times that leads to slower the system 
response. This creates a compromise between shaper robustness and rise/travelling time. 

• The increasing travelling time appears to cause increasing robustness that is mostly method 
dependent. Hence, the compromise on increasing travelling time gains increasing robustness that 
varies from a method to another. In other words, the efficiency of insensitivity varies from one 
method to another. 

• The comparative study of the methods for efficiency of insensitivity indicate that the best 
method for positive input shapers is two hump extra insensitive (2HEI) with value of 0.488, and 
for smoothly shaped reference commands is Modified CPRVPR ( ௗܶ = 0.85) with value of 0.4045. 

In conclusion, the presented review paper provides the details on the theoretical background, 
implementation details, related simulation and experimental results and comparative study of most 
of the input shaping methods in literature. Due to its content and the details provided, it becomes 
a rough guide for selection of an input method for specific robustness, travelling time and 
mathematical calculation related computing complexity requirements. 
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